*

ABSTRACT n U

n n ≤ n, U ∼ 3 n^2 / π).

n n = ...

d P_1 P_n P = n^{− 1} Σ P_i P_1 P_n

P_i − P_j ≥ d , i,j = n, i ≠ j

U = d^2 1 i =1Σ n P_i − P^2 (2)

U(n U 3 =_1 P_n } n-point packing optimal U(n). U P_1 P_n code U cluster

2 / 3 / d = A_2

n ≠ A_2. n = U = A_2 n =

P ∈ A_2

r + s 2 1 , 2 3 = r + 2 s , 2 s 3

for r , s ∈ Z <r , s > P U_1 P_n } ⊆ A_2 P_i coordinates <r_i , s_i > M_r = Σ r_i , M_s = Σ s_i, M_{rr} = Σ r_i^2 , M_{rs} = Σ r_i s_i , M_{ss} = Σ s_i^2

U = (M_{rr} + M_{rs} + M_{ss} ) − n 1 (M_{r2} + M_r M_s + M_{s2} ) . (3)

3_1 , 3_2 , 3_3 3_1 n = ..., 3_n = 3_{n − 1} ∪_n } minimizes U P_n A_2 C let t 4 = ∈ A_2 : P − C ≤ 4 C 4 a circular cluster C. C A_2 C_1 > (4) C A_2 C_2 2 1 >

or C A_2

C_3 3 1 , 3 1 > . (6)

C_1 C_2.

n-point U T_0 k = 6 T_{k− 1} n A_2 5_k be 6 to leave n T_k 5_k 5_1 , 5_2 n 5 in A_2. T_0

n = T_0

C_{16} 4 1 > . (7)

A_2.)

n-point n ≤ 313.

n ≤ ≤ n ≤ C_1 , C_2 or C_3 def

_ ______________ ffi

∼art

< >

< >

<

>

<

>

<

>

<

>